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the form of oui premisses. If, sometimes or as a rule, our
premisses in fact include some more powerful principle of argu-
ment, so much the better.
In the formal rules of probability which follow, it will be
postulated that the set of propositions, which form the premiss
of any argument, must not be inconsistent. The premiss must,
that is to say, specify a ' group ' in the sense that no part of the
premiss must exclude a proposition which follows from another
part. But for this purpose we do not need to dogmatise as to
what the criterion is of inference or certainty.
7. It will be convenient at this point to define a term which
expresses the relation converse to that which exists between a
set of propositions and the group which they specify. The pro-
positions Pipz . . . pn are said to be fundamental to the group
Ji if (i.) they themselves belong to the group (which involves their
being consistent with one another); (ii.) if between them they
completely specify the group ; and (iii.) if none of them belong
to the group specified by the rest (for if pr belongs to the group
specified by the rest, this term is redundant).
When the fundamental set is uniquely determined, a group h'
is a sub-group to the group fe, if the set fundamental to h' is
included in the set fundamental to h.
Logically there can be more than one distinct set of proposi-
tions fundamental to a given group; and some extra-logical test
must be applied before the fundamental set is determined Uniquely.
On the other hand, a group is completely determined when the
constituent propositions of the fundamental set are given,
Further, any consistent set of propositions evidently specifies
some group, although such a set may contain propositions
additional to those which are fundamental to the group it specifies.
It is clear also that only one group can be specified by a given
set of consistent propositions. The members of a group are,
we may say, rationally bound up with the set of propositions
fundamental to it.
8, If Mr. Bertrand Russell is right, the whole of pure
mathematics and of formal logic follows, in the sense defined
above, from a small number of primitive propositions. The
group, therefore, which is specified by these primitive pro-
positions, includes the most remote deductions not only amongst
known to mathematicians, but amongst those which time